UC Berkeley Spring Semester 2004
Economics 241A Guido Imbens

PROBLEM SET I, Part 2
Due: Wednesday February 4

1. (a) Consider the function 1(z,0) = 0z, for § € [0, 1], and suppose that Z has a
uniform distribution on the interval zero to one, not including zero and one itself.

What is the expected value of ¥(Z,0)? What is the expected value of ¢(Z, §)??

(b) Are the conditions for uniform convergence of >N, 1(Z;,0)/N to E[(Z,0)] sat-

isfied? If not, which one is not satisfied?

(¢) Suppose you have a random sample of unemployment durations, with exponential
distributions with hazard rate for individual ¢ equal to exp(X/3). Durations
are censored at C' = 100. Let Di denote the censoring indicator (D; = 1 for
censored observations, and D; = 0 for complete durations). What is the likelihood

function?

(d) Suppose all censored observations were discarded. How does this change the

likelihood function?

2. Use the same data as in Part 1 of the problem set. Consider an exponential model

with hazard rate exp(—Gy — f1AGE — B.ED — SsWHITE — 5,LOCRATE).

(a) Ignore the censoring indicator. What is the value of the likelihood function at
Po=1 01 =pP2=05=0=07
(b) Take into account the censoring (and continue to do so in the remainder of the

problem set). Show that the value of the likelihood function at Gy = 1, 51 = 5 =
(B3 = (B4 = 0 is approximately -549,410.

(c) Calculate analytically the derivative of the log likelihood function at Gy, = 1,
B1 = Ps = B3 = B4 = 0 (taking into account the censoring).
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Compare this to the numerical derivatives using ¢ = 0.001.

Take the first derivative with respect to . Calculate analytically the derivatives

of this first derivative of the log likelihood function at Gy = 1, 6, = B = (3 =
By =0.
Compare this to the numerical derivatives, using ¢ = 0.001.

Repeat the last two parts for the other first derivatives.

Use By =1, 01 = B2 = B3 = B4 = 0. as starting values. Use the Newton-Raphson
algorithm to find the maximum likelihood estimates by minimizing the objective
function, equal to minus the log likelihood function. Report at each step the
derivatives and the new values of the parameters. Stop the algorithm if the sum

of the absolute values of the derivatives is less than 0.001.

Use the DFP algorithm to calculate the maximum likelihood estimates, using the
same starting values. Use the identity matrix for Ay. At each step report B, pk,
dy, qr, A\ and A,. Make sure you do the normalization of the direction vector.
Use the golden section method to calculate the optimal step length. In the step
length calculate stop when the upper and lower bound are less than 0.00001 apart.
Stop the main algorithm if the sum of the absolute values of the derivatives is less

than 0.001.



